A symmetric d for a topological space R is said to be coherent if whenever {*(/i)} and {y(n)) are sequences in R with d(x(n), y(n))- 
For a set R, a nonnegative real valued function d on RxR is called a distance function for R if the following two conditions are satisfied: d{x,y)=0 if and only if x=y and d{x, y)=d(y, x). The pair {R, d) is
called a distance space where R is a set and d is a distance function for J?. Two distance functions d and p for a set 7? are said to be equivalent provided that for any sequence {x{n)} in R and any point x in /?, we have í/(x(/7), x)-*0 if and only if p{x{n), x)->-0. A distance space {R,d) is metrizable provided there exists a metric for R which is equivalent to d.
In [7] , V. Niemytzki calls a distance function d for a set R coherent if whenever {xin)} and {y{n)} are sequences in /? such that d{x{n), y{n))->-0 and d{x{n), x)--»-0, then </(_}>(«), x)-»-0.
Theorem 1 (Niemytzki, Wilson [7] , [9] ). (/"</« coherent, the distance space {R, d) is metrizable.
A. H. Frink [5] gives a very elegant proof of Theorem 1. Similar metrization theorems and conditions equivalent to coherence may be found in [4] , [5] , [7] , [9] .
Let (R, d) be a distance space. A subset A of R is said to be d-closed if and only if d{x, A)>0 whenever x e R -A. (1) dis coherent. We are now in a position to show that d satisfies (3). Let A be a compact subset of R and let {x{n)} be a sequence in R with d{x{n), Ay+Q. Since A is a closed subset of R, A is itself a symmetrizable space, and therefore sequentially compact. Choose a sequence {a{n)} in A with d{x{n), a{n))~>-0. There exists a subsequence {a{n{i))} of {a{n)} and a point a e A with a(n(i))->-a. Since d satisfies (2), it follows that x{n{i))->-a, that is, d also satisfies (3). Since F' is compact, it is also closed. Let X'=X-{y}. Then X' is compact and disjoint from Y' so that d{X', F')>0. But d(x(n), y(/î))->-0 implies that í/(A", y')=0. The supposition that d{x,y{n))+->0 has led to a contradiction; consequently, dix,y{n))~-0 and i/ is coherent, completing the proof.
A symmetric d for a topological space R is said to satisfy condition A provided that d{F, K)>0 whenever F and K are disjoint closed subsets of R, at least one of which is compact. A Hausdorff space is metrizable if and only if it is symmetrizable via a symmetric which satisfies condition A [3, Theorem 3.1]. This result also follows immediately from Theorems 1 and 2 above. The following example, due to Peter Harley, shows that there exist symmetries which satisfy condition A but which are not coherent. Let N be the set of all positive integers. Since/is continuous, the metrics p and s are equivalent./is regular via s. Now assume that/is a regular map by virtue of a metric p for R. Let {x(n)} and {y(n)} be sequences in R with p(x(ri), y(n))-*0 and/(x(«))->-j for some jef.
Let f(x(ri))-<-y, the sequence {x(n)} is eventually in the set /_1[//]. Since p(x(ri),y(n))-*0, it follows that the sequence {y(n)} must eventually be in the set/_1 [F] , that is {f(y(n))} is eventually in V so that /'(y(ri))->-y, proving that/is a coherent map. That (3) implies (1) Theorem 3. Letfi.R-*-Y be a quotient map from a metrizable space R onto a T0-space Y. Then, the following are equivalent:
(1) Y is metrizable.
(2) fis a regular map.
(3) fis a coherent map.
Proof. That (1) implies (2) and (2) A map/:./?-* F is said to be proper if f~^[A] is compact whenever A is compact in Y. The following is easy to verify: Let F be a topological space in which compact subsets are closed; if f.R+Y is a proper map from a metrizable space R onto Y, then/is a coherent map. As an immediate consequence we have that the proper quotient image of a metric space is metrizable. In fact, iffi.R-+Y is a proper quotient map from a metrizable space R onto a space Y, then since Y is metrizable, by a theorem of G. T. Whyburn [10] or by Theorem 2.15 of [2],/is actually a closed map. In short, proper quotient maps on metric spaces are always perfect maps. Therefore, Theorem 3 yields an easy proof of the well-known Morita-Hanai-Stone Theorem [6] , [8] that the perfect image of a metric space is metrizable.
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